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$G$ $G$ $GL(N, \mathbb{R})$
$({}^{t}G=G)$ $G$
$K$ Cartan $\theta$ $G$ 90,




$q$ ad $(x)$ $0$
$q$ $x$
ad$(x)$ $u,$ $0$
[ $q=1+u$ $q$ Levi
q $\cap$ 4 $=$ [ $x$ go
$q$ $\overline{q}$ $x$ $G$ $L=N_{G}(x)$
$L$
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Zuckerman $(g, L\cap K)$ $C(g, L\cap K)$ $(g, K)$
$c(9^{K)}$ $(g, L\cap K)$ $V$ $K$
$V_{K}=\{v\in V|\dim U(t)v<\infty\}$ $(g, K)$
$\Gamma_{L\cap K}^{K}$ : $V\mapsto V_{K}$ Zuckerman
$i$ $i$ $\Gamma_{L\cap K}^{K,i}$
$W$ $(\mathfrak{l}, L\cap K)$ 1 $\wedge^{dmu}u$ $($ $, L\cap K)$
$W\otimes_{\mathbb{C}}\wedge^{\dim u_{\mathfrak{U}}}\iota_{\llcorner}^{\vee}(1, L\cap K)$
$\overline{u}$ $0$
$(\overline{q}, L\cap K)$ $U(g)\otimes u(\overline{q})(W\otimes_{\mathbb{C}}\wedge^{\dim u}u)$
$(g, LnK)$ Vogan-Zuckerman
$\mathcal{L}_{\frac{\mathfrak{g}}{q’}}^{i}(W)=\Gamma_{L\cap K}^{K,i}(U(g)\otimes_{U(\overline{q})}(W\otimes_{\mathbb{C}^{\dim u}}\wedge u))$
$(g, K)$ $L$ $\lambda$ 1
$($ $, L\cap K)$ $\mathbb{C}_{\lambda}$
$A_{q}(\lambda)=\mathcal{L}_{\frac{\mathfrak{g}}{q’}}^{s}(\mathbb{C}_{\lambda})$
$s=\dim(u\cap t)$ .
$I_{0}\cap f_{0}$ Cartan $0=f\iota_{O}(t_{0})$







$\lambda$ $\lambda\in\sqrt{-1}$ 0$*$ $A_{q}(\lambda)$
$\lambda$
$\lambda$ good $={\rm Re}\langle\lambda+\rho,$ $\alpha\rangle>0$ $\alpha\in\Delta(u,$ $)$
$\lambda$ fair $\Leftrightarrow{\rm Re}\langle\lambda+\rho(u),$ $\alpha\rangle>0$ $\alpha\in\Delta(u,$ $)$
weakly good, weakly fair
good fair weakly good weakly fair
([3], [6]).
2.1. (i) $A_{q}(\lambda)$ $(g, K)$ Harish-
Chandra $\lambda+\rho$
(ii) $\lambda$ weakly good $A_{q}(\lambda)$ $(g, K)$ $0$ .
(iii) $\lambda$ good $A_{q}(\lambda)$ $0$
(iv) $\lambda$ weakly fair $A_{q}(\lambda)$ $((g, K)$ go
)
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(v) $g$ $\mathfrak{p}$ $q$ 9 Borel $\lambda$ good
$A_{q}(\lambda)$ $\lambda$ weakly good $A_{q}(\lambda)$
O





$i$ : $Y=K_{\mathbb{C}}/\overline{Q}\cap K_{\mathbb{C}}arrow G_{\mathbb{C}}/\overline{Q}=X$
$\lambda\in(\overline{q})^{*}$ $X$ $\mathcal{D}_{X,\lambda}$
([2]). $\mathcal{D}_{X,0}$ $G_{\mathbb{C}}$ $X$




$\mathcal{O}_{Y}(\lambda)$ $\mathcal{D}$ $i_{+}\mathcal{O}_{Y}(\lambda)$ $U(g)$
$A_{q}(\lambda)\simeq\Gamma(X, i+\mathcal{O}_{Y}(\lambda))$ ([1]).
$i+\mathcal{O}_{Y}(\lambda)$ $X$







$(G, G’, \sigma)$ $G$ $\sigma$
$G^{\sigma}$ $G’$ $\theta$ $\sigma$
$G$ Cartan $K=G^{\theta},$ $K’=(G’)^{\theta}$ Cartan
go $=$ to $+\mathfrak{p}_{0},$ $g_{0}’=e_{0}^{J}+\mathfrak{p}_{0}’$
$(g, K)$ [4]
3.1. $(g, K)$ $V$ $(g’, K’)$
$\{V_{n}\}_{n\in N}$ $V= \bigcup_{n\in N}$ $(g’, K’)$
$V$ $(g, K)$ $(g’, K’)$ $V$
$(g’, K’)$ : $V=\oplus W_{i}$ . $(g,K)$
$V$ $\overline{V}$ $G$ $\overline{V}$ $G’$
$\overline{V}=\oplus\overline{W_{i}}$ ([5]). $(g, K)$
$G$
$V=A_{q}(\lambda)$ $\lambda$ weakly fair
([4]).
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3.2. $(G, G’, \sigma)$ $q$ $\theta$ $g$
$u\cap f^{-\sigma}=0$ $\lambda$ weakly fair $A_{q}(\lambda)$ $0$
$A_{q}(\lambda)$ $(g’, K’)$ $\sigma(u\cap \mathfrak{p})\subset q$
$u\cap e^{-\sigma}=0$ $k\in K$ $q$ Ad $(k)q$
$q$ Ad$(k)q$ $(g, K)$
$A_{q}(\lambda)$ $A_{q}(\lambda)$
$u\cap f^{-\sigma}=0$ $q$ Ad$(k)q$
$\sigma(u\cap \mathfrak{p})\subset q$
3.3. 3.2 $\lambda$ weakly f $r$ $A_{q}(\lambda)$ $0$
$(g’, K’)$ $g’$ $\theta$
$q’$ $q’\cap \mathfrak{p}’=q\cap \mathfrak{p}’$
$\sigma$ $f_{0}$ Cartan $q$ $x\in\sqrt{-1}\{_{0}$
$q’$ $x+\sigma(x)\in\sqrt{-1}$
4 ( )
4.1. $(G, G’, \sigma)$ $q$ $\theta$ $g$








$A_{q}(\lambda)$ 2 $X=G_{\mathbb{C}}/\overline{Q}$ $\mathcal{D}_{X,\lambda}$




$i^{o}$ i $\iota\iota\cap t^{-\sigma}=0$ $i$





$\Gamma(X^{o}, i_{+}\mathcal{O}_{Y}(\lambda)|_{X\text{ }})$ $i+\mathcal{O}_{Y}(\lambda$ $)|$x $Y^{o}$
$X^{o}$ $X$
$\{\mathcal{F}_{n}\}$
$\mathcal{F}_{n}/\mathcal{F}_{n-1}$ $i_{+}^{o}\mathcal{O}_{Y^{\circ}}(\lambda+2\rho(\iota\downarrow\cap g^{-\sigma}))$ $S^{n}(u\cap g^{-\sigma})$ $X^{o}$
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$q’$




$\pi^{-1}(i’(Y’))=i^{o}(Y^{o})$ $\pi$ $(\overline{Q}’\cap K_{\mathbb{C}}’)/(\overline{Q}\cap K_{\mathbb{C}}’)\simeq$
$\overline{Q}’/\overline{Q}\cap G_{\mathbb{C}}’$
$(\overline{Q}’\cap K_{\mathbb{C}}’)\cross\overline{Q}\cap K_{C}’(\mathbb{C}_{\lambda+2\rho(un_{\emptyset^{-\sigma}})}\otimes S^{n}(u\cap g^{-\sigma}))$
$(\overline{Q}’\cap K_{\mathbb{C}}’)$
$(\overline{q}’, L’\cap K’)$












weakly fair $q_{1}’$ weakly fair
5
$(g, K)$ $V$ Ass$0(V)\subset g^{*}$
$G’$ $G$ ([4]).
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5.1. $g$ $V$ $g’$ $W$ $Hom_{\mathfrak{g}’}(W, V)\neq 0$
$pr_{\mathfrak{g}arrow \mathfrak{g}’}(Ass_{\mathfrak{g}}(V))\subset Ass_{\mathfrak{g}’}(W)$ .
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